TOM TAT CONG THUC TOAN CAP 3
A.DAI SO.

1. Tam thirc bac hai.

Gia su f(m)=a:c2+b:c+c(a¢0; a, BeR; a<pf; Sz—gj
a

>0
f(a:)ZOVa:eR@{a [ml<m2<a®{A>0

A<0 a<z <, af(a)>0

{a<0 {af(a)<0

f@®)f0VzxeR < T <a<f<z, S

A<0 af(B)<0
af(a)<0

a langhiém cia f(z) < f(a)=0 T <a<z,<f & af ()>0

af(a)>0
af(p)<0

x, <a<z, < af(a)<0 a<wl<ﬂ<m2<:>{

Ao GBPEE® L fa) (B <0
< f(a). <
o<z <z, qaf(a)>0 T <oa<z,<f
E—a>0
2
A>0
A>0 af(a)>0
T, <, <o <1af(a)>0 a<x <z, <P <af(B)>0
T-aco S as0
2
S
——pB <0
5 B
2. Bit déing thirc C9 si:
a+b

Véihaisé a>0,b>0 thi >ab.Diu "="xayra <a=b

2



3. Phwong trinh — bit phwong trinh chira tri tuyét dbi

|A|=|B| < A=+B

|A|<|B| < A* < B’

4|-B {Bzo
b= A> B
A-B |A|>B®L1 s
|A|<B<:>—B<A<B <~
4. Phwong trinh — bit phwong trinh chira cin
A>0(B>0) A>0
A=vB &
VA =B {A:B JA<B&{B>0
A< B?
B>0
\/Z=B<:>
A=DB
> >B < v
JZ<J§@{A ! 420 ¥ a>B°
<

B. HE THUC LUQNG TRONG TAM GIAC THUONG.

1. Pinh Iy ham s6 Cosin:

a’=b>+c¢*-2bccos A
b*=a’*+c*-2accos B

¢ =a’+b*-2abcosC

2. Pinh Iy ham s6 Sin:

a b ¢
sinA sinB sinC

2R




3. Cong thirc tinh dién tich tam giac:

S=laha=lbhb=lchc S:a—bc
2 2 2 4R

S:labsinC:lacsinB:lbcsinA
2 2 2

§=\p(p-a)(p-b)(p—c)

S=pr

C.HE PHUONG TRINH PAI SO.
I.  PHUONG PHAP CHUNG

Dé giai mot hé phuong trinh dai sO ta thuong dung phuong phap cong hay phuong phép thé. Bén canh d6
ta con c6 mot so loai hé phuong trinh dic biét.

II. MOT SO HE PHUONG TRINH PAC BIET.
1. HE PHUONG TRINH BAC NHAT HAI AN

axz+by=c
> Dang: *)
a,z+by=c,
» Cach giai: Cong thuc Crammer
BétDza] bl _D:cl bl . :al ¢
' a, b " le, bl T Y e, c
D.’L'
T= D
-Néu D #0:h¢ (*) cd nghiém duy nhat D
-y
y D

-Néu D=0 va D, #0 hay D, #0: hé (*) vd nghiém.
-Néu D=D, =D, =0: h¢ (*) c6 hai truong hop xay ra: hodc vo nghiém hodc vo s6 nghiém.
2. HE PHUONG TRINH POI XUNG LOAI MOQT.
J(x,y)=0
9(z,y)=0
h¢ khong thay doi.
» Cach giai:
bat S=z+y;P==zy
Giai tim S, P. Suy ra x, y 1a nghiém cua phuong trinh X*-SX + P =0
Piéu kién dé phuong trinh trén c6 nghiém 1a A =8> 4P >0

> Dang: { (*) trong d6 khi hoan vi vai tr0 cia x va y cho nhau, tirng phuong trinh cua



3. HE PHUONG TRINH DOI XUNG LOAI HAL

4)=0 1 T :
» Dang: {f(m y) M (*) trong d6 khi hoén vi vai tr0 cia x va y cho nhau,thi phuong

f(y,z)=0 (2)
trinh (1) trd thanh phuong trinh (2) va nguoc lai.
» Cach giai: C¢6 2 cach

Céach 1: {f(:z:, y)—f(y,z)=0
f(y: 513) = 0
Cach 2: {f(”” y)—f(y,x)=0

4. HE PHUONG TRINH PANG CAP . , , ‘
> Dang: Hé phuong trinh dang cap la hé phuong trinh ma cap cua tat ca don thirc trong hé deu
bang nhau.
» Cach gidi: )
-Xét £ =0, thé vao hé timy.
-Xét x#0 ,dat yztm,thévéohé tim t, sau dd suy rax vay.

D.LUQNG GIAC,

I.  CONG THUC LUQNG GIAC.

1. Cac cung lién quan dic biét

1.1 Hai cung doi nhau: (o va-a )

. . .
cos(—a) = cosa 1.3 Hai cung phu nhau: (a va E_a)

sin(—a) = —sina . (ﬂ' j (n j :
sin| ——a |=cosa cos| ——a |=sina
tan(—a) =—tana 2 2
cot(—a) =—cota T v
tan| ——o |=cota cot| ——a |=tana
2 2
1.2 Hai cung bu nhau: (a va & —a ) 1.4 Hai cung hon, kém n: (o0 va t+a)
sin(r —a) =sina sin(r +a) =—sina
cos(r —a) =—cosa cos(r+a)=—cosa
tan(r —a) =—tana tan(zm + o) = tan o
cot(r —a) = —cota cot(r + o) =cota

1.5 Cung hon kém %

T . . T
COS(E+$) =-—=SInx, SIH(E-I-(BJ =COS T,

Ghi nho: ¢ cos doi; sin bu; phu chéo; hon, kém w tan, cot ‘.




2. Cac cong thirc lwgng gidc co ban

e sinx+cos’xz=1

« ——=l+tan’z
cos
© — =l+cot’x e tanz.cotx =1
sin” x
sinx cosx
e tanx = o cotx=—
cosx sinx

3. Cong thirc cfng

sin(a+b)=sina.cosb*cosa.sinb
cos(atb)=cosa.cosbFsina.sinb
tanaxtanb
tan(a+b)=————
lFtana.tanbd
4. Cong thirc nhan

4.1 Cong thurc nhan doi

sin2a =2sinacosa

cos2a =cos’a—sin*a=2cos’a—1=1-2sin’a

2tana
tan2a = 5
1-tan“a
4.2 Cong thicc nhan ba

sin3a =3sina —4sin’ a
cos3a =4cos’ a—3cosa

3tana—tan’ a

tan3a = 5
1-3tan“ a
5. Cong thirc ha bac
. 2 1-cos2a 2 1+cos2a
sing=—— cos’a=————-
2 2
.3 3sina—-sin3a 3 3cosa+cos3a
smmag=——— cos’a=
4 4
6. Cong thirc bién ddi tong thanh tich
a+b a-b
cosa+cosb=2cos cos 3
. a+b . a-b
cosa—cosb =-2sin sin
) ) . a+b a-b
sina+sinb =2sin cos 5
) . a+b . a-b
sina—sinb =2 cos sin




7. Céng thirc bién d6i tich thanh tong

cosa.cosb = %[cos(a +b)+cos(a—b)]
sina.sinb = —% [cos(a +b)—cos(a— b)]

sina.cosb = %[sin(a +b)+sin(a—b)]

II. PHUONG TRINH LUQNG GIAC

DANG 1. PHUONG TRINH LUQONG GIAC CO BAN

Kién thirc co ban
) ] u=v+k2r
sinu =sinv <
u=nw—-v+k2r
u=v+k2x

COSU = COSV &
u=—v+k2r

tanu =tanv < u=v+k2n
cotu=cotv=u=v+k2n

Truong hop ddc biét:
simu=0u=kn cosu=0©u=%+kﬂ
sinu=1<:>'u,=%+k27r cosu=l<u=k2r
sinu=—1<:>u=—%+k2n cosu=-lcocu=r+k2r

DANG 2. PHUONG TRINH BAC HAI POI VOI MOT HAM SO LUQNG GIAC

Kién thirc co ban )
» Phuong trinh bac hai theo m§t ham so6 luong giac la phuong trinh c6 dang:
at’ +bt+c=0(1) trong do t la mdt trong cac ham $b: sinu; cosu; tanu; cotu.
» Cach giai: Dat t = sinu; cosu; tanu; cotu.
Chu y: |sinu cos u| <1

b

DANG 3. PHUONG TRINH BAC NHAT THEO SINu VA COSu

Kién thitc co ban
Dang : asinu+bcosu=c (1) trongdé a’+b>#0
Piéu kién cé nghiém: o> +b> > ¢?
Ciach giai:




Chia hai vé cua PT cho +a’+b*,

(1) - a b
va® +b’ va® +b’
< sinu.cosa +cosu.sina = sin B
< sin(u+o) =sin 8

sinu + cosu =

c
Ja® +b?

DANG 4. PHUONG TRiNH THUAN NHAT BAC HAI THEO SINU VA COSU

Kién thitc co ban
Dang tong quat:

asin’u+bsinucosu+ccos’u=d (2

Cach giai:
By: Xétcosu =0. Kiém tra 4 = %+ kr c6 thoa phuong trinh (2) khong ?

B,: Xét cosu # 0. Chia 2 vé phuong trinh (2) cho cos” . Ta dugc phuong trinh méi dang:
atan’u+btanu+c=0.

*Chua y: Néu phuong trinh lugng gidc ¢ bac cung chdn hodc cung 1¢ theo sinu va cosu thi ta
cling giai bang phuong phép trén.

DANG 5. PHUONG TRINH POI XUNG - PHAN XUNG

Dang tong quat:

a(sinuicosu)+bsinucosu+c=O 3)

Cach giai:
bat t=sinxz *cosx = x/zsin(a: i%) *) (Diéu kién: |t| < JE)

. t* -1
= smxcosr==

Thé vdo (3) ta duoc phuong trinh bic hai theo t.

M@t so cong thirc quan trong

e sinNu+cosu = 2sin(u+%)=\/§cos(u—%j

) ) T T
e SINU—COSU = Zsm(u——j:— ZCOS(’UA-—)
4 4

« 1+ sin2z=(sinz + cosa:)2



E. CONG THUC PAO HAM.

1. Quy tic co bin.

(c)’zO (ui'v)':u'iv'
JE. u) _wo-v'u
(u.v) =u'v +v'u (’uj =

2. Bing cong thirc tinh dgo ham.

@) = na™ 1 @™y = na™ (u)'
1 1 1 '
(—>'=——2 (—>'=—@

T T Uu

z)'= 5 (u)'= 5

% R

(sinw) =costT (sinu) :cosu.(u)'

(cos:c)y =—sinz (cosu)' =—sinu.(u)'

(tanz)'=1+tan’ x =

cos’x

(tanw)'= (1+tan” u)u'=

(cotz)'=—(1+cot’ z)=— !

(cotu)'=—(1+cot’ u)u'=——

sin’
(e*)'=€" (e")'=e"u'
(@”)'=a”.Ina (@*)'=a".Inau'
(lnw)'zl (Inu)'=—
T
(log, z)'= (log, u)'=—
z.lna u.lna
*Pac biét :
a b
_ar+b e d
cx+d (cx+d)’
a'l bl m2 + a'l C1 T+ bl cl
ax’ +bz+c . la, b, a, c,| b, c,

° = 2 =Y = 2 2
a,z”+bx+c, (a,z" +bx+c,)



F. CONG THUC MU — LOGARIT.

STT CONG THUC MU
1 a" =aa..a
. —
n thua so
) a'=a Va
3 a’=1 Va=#0
w1
4. a =
a
5. a; =Ya™
_m 1 1
6' a " :_ﬂ: nl _m
a” a
7. am.an — am+n
8. a_n — am—n
a
10. | (a.b)" =a™.b"
a a”
11. | )" =—
(b) b"
12. a¥=No M=log, N

STT CONG THUC LOGARIT
1 |log,1=0
2 | log,a=1
3 |log,a" =M
4 alogaN =N
5 loga (Nl NZ) = loga Nl + loga NZ
6 | log, ()= log, N, ~log, N,
N2
7 | log, N“ =a.log, N
8 | log, N> =2.log,|N|
9 | log, N =log, b.log, N
log, N
10 | log, N = 08 1Y
log, b
1
11 | log, b=
log, a
12 logaa N = iloga N
o
log,c log, a
13 | ,'°8p° _ %8




G.CONG THUC NGUYEN HAM.,

Nguyén ham ciia nhitng ham s6 thuong

Nguyén ham clia nhitng ham so thuong

gip gdp
1. jdm=az+C 13,]’%@:_ llx —+c
2. [kdz=ke+C o
N 14 [——=dz=Vz+c
3. jaz"dm: T _ic (n=-1) 2w
n+l

4. jldx = In|x|+C (x#0)
X

5. jid:cz—lw'
x’ T
1

(n—l):l:"‘l
7. jezdm =e"+C

6. jLndm=— +C
T

8. Iawdw=li—a+0 (0<a=1)

9. Icoswdw:sinm+0

10. jsinmdw =—cosxz+C

1. J ! dmzj(1+tan2m)dm=tanm+c
cos’x

1
12'Jsinz T

d::3=J‘(1+c0t2 x)dx =—cotx+C

15.jf(ax+b)dx =1F(ax+b)+c
a
16.

a+l
I(aw—kb)a dwzlw—i-C (a#1)
a a+l
17.I ! dm=lln|am+b|+0 (x+#0)
ar+b a

18. J'e‘”“bda: = le‘“””" +C
a

19.Icos(am+b)dm =lsin(am+b)+C
a

ZO.Isin(am+b)dm =—lcos(am+b)+C
a

1 1
2l.|————dx=— b)+C
Icosz(am+b) T atan(am+ )+

1 1
22| ————dx=——cot b)+C
jsinz(am+b) v aCO (az+b)+




H.PHUONG PHAP TOA PO TRONG KHONG GIAN.

—

Cho vecto 4 =(z;y;2) ;v=(z%y"2")

vahaidiém A(z;y,2,) 5 B(Tys2,).

=

uxtv =(wiw';yiy';ziz')
k. = (kx; ky; kz)
3. Diéukién biing nhau ctia hai vecto:
r=x
w=v y=vy
z=2
4. u cung phuong v @2' :l' =—
'y oz
5. u cung phuong v @[ﬂ,ﬂ =0
6. Tich vo hudng cia hai vecto: 4.9 =zx'+yy'+ 22’
7. Do dai cia mét vecto :
= oy
8. Vectd tao béi 2 diém A, B:
AB=(Ty—2,:Yp Y1325 —24)
9. P dai doan thing AB:
AB=[AB|=\|(z, -z, +(y;-u,) +(z5-2,)
10. Géc giira hai vecto :

. V+ '+ 1
COSQ =00 = oT YUY T 22 (OS(pSISO")
|U||’U| \/:1:2+gf+z2.\/:1:'2+y'2+z'2
11. Piéu kién vudng géc cia hai vacto:
ulveour=0ze'+yy'+22'=0
+
z,, = Ly 23’3
N o 9 _ yA+yB
12. M 1a trung di€ém cua doan AB < Jy,, ==
+
z, _?4 2zB




13.

14.

15.

16.

17.

18.

19.

20.

21.

22.
23.

24.
25.

26.

27.

28.

1
La =§($A +Ty+T)

(4 1
G 1a trong tam tam giac ABC <4y, =§(yA +Yp+Ye)

1
ol =§(ZA+ZB+ZC)
1
T, =Z(ch+:1:B+:1:C+ch)

o 3en 1
G 1a trong tam t dién ABCD < {1y, =Z(yA +Yp + Yo +Yp)

1
Zg =Z(zA+zB+zC+zD)

Tich CO HUONG ciia hai vecto:

L ( y zllz z|lz vy ]
[u,'v = ' 1 ; ' 1 ; [ [
y' 2zl x|z y

Tinh chit quan trong :
[6.5] L4 va [4,5]L0
Dién tich tam giac ABC: S, ;. = %‘[E,R]

—_—

Dién tich hinh binh hinh ABCD: S,,, , sep = 25, 4pc = ‘[E,A C]‘
Thé tich tif dién ABCD : V,,., = %‘[E AC] .ﬂ

VN Ll 2 *A 3'\/ABCD
Chiéu cao AH cua ti dién ABCD: AH =—==

ABCD

Thé tich khdi hop ABCD.A’B’C’D’ : V =‘[A—B,A—D JAA?

Ba diém A,B,C tao thanh tam gidc < AB,AC khong cing phuong
Bon diém A,B,C,D khong déng phing <> ABCD la ttt dién < | AB,AC | AD#0

Piéu kién dé ABCD 14 hinh binh hanh < AB=DC
) ) e . ) |A:1:0+By0+Czo+D|
Khodng cich tir mot di€m d€n mot mit phang: d(M,(a))= N
A"+B° +C
o 7 [p,0.a]
Khoédng cdch tr mot di€m dén mdt dudng thang: d(M,&) = H
a
‘[E,E].MN




I. PHUONG PHAP TQA PO TRONG MAT PHANG OXY.

e Dién tich tam giac trong mat phang Oxy:

— 1
AB=(a;a,),AC=(b;b,) =S, pc =§|alb2 —a,b|

1. Duong thing. )
a. Cac dang phuwong trinh duwdng thang:
- Phuong trinh tong quat: Az+By+Cz=0 (A’+B’>0)

( Vec to phép tuyén 7i =(A; B), Vec to chi phuong G =(B;—A) hay @ =(-B;A))
r=x,+tat
Y=y, +a,t
( Vec to chi phuong @ =(a;;a, ) va di qua diém M (z,, y,))

- Phuong trinh tham sé: { (teR)

- Phuong trinh chinh tic: T7% _ Y=Y
a a,
- Phuong trinh doan chén: T Y4
a

( Di qua hai diém A(a; 0), B(0; b))
b. Géc giira hai dwong thing.
Goi n van, 13 hai VTPT cila hai duong thing A, va A, . Khi do:

- -
- = In,.n,|  |aa,+bb,|

cos(A,,A))=cos(n,n,)=——7 _\/ - 2\/b2 =
In, ||n, | a; +a, /0 +0,

c. Khodng cach tr mot diém M (z,,;y,, ) dn mot dudng thing A: Az + By +C =0 1a:

B |Aa:M + By,, +C|

M e

2. Duwong tron.
Céc dang phuong trinh duong tron:

- Dang 1. Phuong trinh duong tron (C) c6 tim I (a; b) va ban kinh R 1a:

(C): (ar:—a)2 Jr(y—b)2 =R’
- Dang 2. Phuong trinh dang: 2 +y* —2axz—2by +c =0 v6i dicu kién a® +b> —¢ >0 1a phuong trinh
Areamo t1an (C) cd 1Am Tl BYva han kinh B — /a2 +h2 —



3. Elip.

y
AKKAZ

82 M
i wZ 2
- Phuong trinh chinh tic ctia Elip (E): —2+% —1 (a>b); P =a’>-b’
a

- Tiéu diem: F,(-¢;0), F,(c;0)
- binh truc 16n : A4, (—a;0), A, (a;0)
- Binh tryc bé: B, (0;-b), B, (0;b)

. ) c
-Tamsai: e=—<1
a

- Phuong trinh duong chuén: z=+2
e

- biéu kién tiép xuc cta (E) va A: Az+By+C =0 la: A%a® + B** =C"
4. Hypebol.

y=- X
a
. 2 yz
- Phuong trinh chinh tac: PR =1, ¢’=a’+b’
a

- Tiéu diém F, (-¢;0), F,(c;0)
- binh trén truc thuc A4, (-a;0), A, (a;0).
c

-Tam sai: e =—
a

- Phuong trinh dudng chuin: g =+2
e

- Diéu kién tiép xuic cua (H)va A: Az+By+C =0 la: A’a> - B** =C"
5. Parabol.



- Phuong trinh chinh tic: 3 =2pz
Tiéu diém F(%; 0]
p

- Phuong trinh dudng chuan g = -5

- Diéu kién tiép xuc cua (P) va A: Az+By+C=013:2AC=DB’p



J. HINH HOC KHONG GIAN.
I.CAC HINH CG BAN

1/ Hinh chép S
a/ Hinh chép thuong:

S

B C
Hinh chép wm gide S.ABC

(Tt dién S.ABC) Hinh chép t& gidc S.ABCD

b/ Hinh chdp déu :
* Hinh chép tam gidc déu (T dién déu)

*Tinh chat:

-Pdy la tam gidc déu

-T&t cd cdc canh bén biing nhau

-TAt cd cdc mit bén 1a cdc tam gidc cin biing nhau

-Chan dudng cao tring v4i tAim mit ddy (TaAm ddy 1a trong tim A ABC)
-TAt c& cdc géc tao bdi canh bén va mit ddy déu bing nhau

-Tat cd cdc géc tao bdi cdc mit bén va mit ddy déu bing nhau
*Chi ¥

. canh’®x+/3

-Dién tich A déu : S :f\/—
. canhx+/3
-Pudng cao A déu: h =T\/_

* Hinh chép tif gidc déu

*Tinh chat:

-bay la hinh vudng

-TAt c4 cdc canh bén biing nhau

-Tat cd cdc mit bén la cdc tam gidc can bing nhau

-Chan dudng cao tring vdi tim mit ddy (TAm ddy 1a giao diém 2
dudng chéo)

-Tat c4 cdc géc tao bdi canh bén va mit ddy déu bing nhau
-T4t ca cdc gbc tao bdi cdc mit bén va mit ddy déu bing nhau
*Chu y:

-Dién tich hinh vudng : S=Canh*

-budng chéo hinh vudng: = canh xﬁ

Ly

> -
// 1

.

2




2/ Hinh lidng tru

et
1
1
1
1
1
1
1
1
1

Lang try thudng Léang try ding Hinh 14p phuong

II. CAC PHUONG PHAP CHUNG MINH

1/ Phwong phip chitng minh dudng thing vudng géc véi mit phing
Muén chitng minh dudng thing d vudng géc véi mit phing (), ta lam nhu sau:
#*CACH 1: Chitng minh dudng thing d vudng géc véi HAI dudng thing cit nhau nim trong mp(a)
dla
dlb =d.l(x)

a,bc(a)

*CACH 2: S& dung dinh 1i:’N&u hai mit phdng vudng géc v6i nhau thi ba't ki dudng thing ndo nim trong
mit phing nay va vudng géc vdi giao tuyén thi ciing vudng géc véi mit phing kia”’
(a) L(B)
dc(a) N
c=(a)N(p)
dlc

L(B)

*CACH 3: St dung dinh 1i:’N&u hai mp phan biét ciing vudng géc v6i mp thi 3 thi giao tuyé&n cia chiing
cling s€ vudng goc véimp d6°’.

(o) L(¥)

B)L@y) =cl)

c=(a)N(p)

2/ Phuong phip chitng minh 2 dudng thing vuéng géc
Mu6n chitng minh hai dudng thing vudng géc ta chitng minh dudng thing nay vudng géc véi mot
mit phang chita dudng thing kia.
{d 1 (a)

ac(a)

=dla



3/ Phuong phip chitng minh 2 miit phiing vuéng géc
Muén chiéng minh hai mat phang vudng géc ta chitng minh mat phang nay chita mot dudng thing
vudng géc v6i mat phiang kia.

{dc(a)

dL(B)j(a)L(ﬁ)

IIL. CAC VAN PE VE GOC

1/ Géc giita hai duong thing
Pinh nghia: Géc giita hai dudng thing a, b trong khong gian 13 géc giita hai dudng thing a’, b’ nao
d6 cting di qua mot diém va 1an lugt song song véi a, b.

‘ — a

a

\b b’

(a,b) = (a',b)
2/ Géc giita dudng thing v miit phang
a) Pinh nghia: Géc giita dudng thing a va mit phang () 12 gbc giita chinh dudng thing a va hinh

chi€u ctia né 1én mit phing (o)
b) Phwong phdp thuc hién.

*PP: Goi ¢ 1a g6c cin tim.
-B1: Tim giao di€m O ctia a va (c)
-B2: Tim dudng vudng géc tir dudng thing a xudng
/ """ J mit phing (o) ,
"""""" -B3: = OH Ia hinh chi€u ctia a 1én (@)

Vay ¢ = (a,0H)

3/ Géc giita 2 mit phang

a) Dinh nghia: Géc giita hai mit phing 12 géc giita hai dudng thing 1an lugt vudng géc véi GIAO
TUYEN ciia hai mit phing d6.

b) Phwong phap.

*PP: Goi ¢ 1a géc can tim

-B1: X4c dinh giao tuyén c clia (a) va (B)

-B2: Tim dudng vudng géc véi mot trong hai mit phang.

-- -B3: Tt chan dudng vudng goéc, ha dt vudng géc vdi gt ¢ tai H.

-B4: Chitng minh dt ha tir dinh dudng vudng géc xudng H vudng géc
vdi gt c.

Suy ra géc ¢.




IV. CAC VAN PE VE KHOANG CACH

1. Khoéng cich tit mot diém d&€n mot mp

+Qua A

P& xdc dinh khodng céch tir diém A d&n mp (a),ta tim mot dt thda: a: .
+ 1 (x)tai H

Khi d6 : AH 13 khodng cdch can tim

*Luu y:
Né&u AB cit (o) tailthi
d(4,(@) 14
d(B,(a)) IB

2. Khoang cich giita duwong thing va mp song song 13 khoing cich tit mot diém bat ki trén dt d&n

mp
AB||(a)=d(AB,(a))=IH,I c AB
3. Khodng cach giita hai mp song song 13 khodng cdch tir mot diém bat ki trén mp nay dén mp kia

(@) [1(B) = d((a),(B)) = d(A,(p)), A e(a)
=d(B,(a)),Be(p)

4. Khoang cich giita hai duong thing chéo nhau

Nhdc lai: Pudng vudng géc chung ctia 2 dt chéo nhau a, b 1a dt cit a, b va dong thdi vudng gbc véi
2 dt do.

*THI1: a, b chéo nhau va a L b.Khi d6:

PP:
+Chda b

+1la tai A

-B2: Tr Aké AB Lb taiB
= AB la doan vudng géc chung cia
avab

Viy d(a,b)=AB

-B1: Tim mp (&) {




*TH2: a, b chéo nhau déng thdi cé mp(a) chita b va song song véi a

PP:

-Bl: LAYM €a ké MH 1 (o) tai H
-B2: T¥ Hdung a'||a,citbtaiB
-B3: Tir B dung dt || MH cdtatai A

= AB la doan vudng géc chung
Vay d(a,b)=AB=MH =d(M,(a))

*TH3: Trudng hdp tong quat

PP
- Dung mp (o) vudng géc véi a tai O. Dung hinh chi€u vudng géc b’ cta b trén (o)
- Dung hinh chi€u vudéng géc H clia O trén b’. Tt H dung dt song song véi a cdtb tai B
- T B dung dt song song véi OH, cita tai A
Doan AB la doan vudng géc chung
d(a,b) = AB = OH

MOT SO CONG THUC PANG NHG:

Shinh vuong = canh > Dién tich hinh chit nhat = dai . rdng

Pudng chéo hinh vudng = canh .~/2 Stinhiron= 77 R

Dién tich tam gidc thuong =% (canh™y. uOng cao) Thé tich khdi chép V = % (Sasy x cao)

Dién tich tam gi4c thuong = %a .b (a,bla2canh Theé tich khoi lang try V' = Sazy x cao

gbéc vudng)

canh®x-3

Dién tich tam gidc déu = 4
4 Thé tich khdi cdu V=§7TR3




canh x \/5

DPudng cao tam gidc déu = 5

Dién tich mit cau S=47 R’

Shinh thang=% (ddy nhd + ddy 16n) x cao

Thé tich kh&i nén V=% (Sazy X cao)= %nth

1 1

Tam giac ABC vudng tai A: = +
s 8 AH?> AB®* AC?

Thé tich khdi tru V= Sgzy x cao =nR’h




SO PHUC

1. Pinh nghia s phirc va cic khai niém lién quan

Dinh nghia :
S6 phtrc 1& mot biéu thirc c6 dang a +bi : ; trong d6 a,beR va 3> =—1.
Tap hop cac s6 phtre duge ki hiéu la C.
e Néu z= a+bi thi a goi la phan thucva bla phan do cla sb phtc z.
e 2z goi la s6 thuc khi g =0
o 2z goila s thudn 4o khi § =0

Cdc khdi niém lién quan :
Cho s6 phitc z=a +bi. Khi dé :
e MBbi s phic z=a+bi dugce biéu dién boi mot diém M (a; b) trén mat phang toa do Oxy.
|2|=[0M]| =Va? +b* goi ta modun cia s6 phitc 2.

e S phic Z =a—bi goi 14 s0 phirc lién hgp clia s6 phic z.

Hai s6 phirc bting nhau :
Cho s6 phirc z=a+bi va 2z'=a'+b'. Khi dé: z:z'Q{Z_Z'

2. Cac phép toan trén tap hop s0 phirc

Phép cong, trie, nhin hai 50 phiec :
(a+bi)+(c+di)=(a+c)+
(a+bi)—(c+di)=(a—c)+(b-d)s
(a+bi)(c+di) = (ac—bd)+

Chuy: , 7 ,
e Céc phép toan : cOng, trlr, nhan hai s6 phirc thuc hién nhu rat go n bi€u thire dai s6 thong thuong
v6i chu y rang 32 =—1.
e Céc quy tic dai s6 da 4p dung trén tap s6 thuc van dugc 4p dung trén tp s6 phc.
e Cho z=a+bi.Khidd: zZz=a’+b>.

Phép chia hai s6 phikc :

!

z ZZ
222 (220
z 2.z (z;t )

$6 phirc nghich déo clia z(z#0): 27" = !

N

3. Phwong trinh bac hai

Can bdc hai cua so thuc am :

Cho a la so thuc am. Khi d6 a ¢b hai can bdc hai la : 1, /|a| va —1, /|a| .



Cich gidi phwong trinh bic hai véi hé sé thuc :
(a,z2 +bz+c=0;a,b,ceR;a# O) .

Tinh A =b*-4ac.

Két luan :

£ -b+
e Neu A >0 thi phuong trinh c6 hai nghi¢m thuc phén biét z , = bz_—\/z

' a
e Né&u A=0 thi phuong trinh ¢ mdt nghiém kép thuc 2 =2, = __b
2a
¢ Néu A<0 thi A c6 hai ciin bic hai 1 §[[A| va —i\[|A|. Khi d6 phuong trinh c6 hai nghiém phic
. -b+1|A -b—1,/|A
phan biét1a z =—\/H va z, =—||.
2a 2a

4 Dang lugng gidc ciia so phife
4.1 Dang luong gidc ciaz=a+bi(a,b e R, z+0) la:

r=va’+b’

z= r(cos@+1ising) < cos¢ =

sing =

Sl s e

+ ¢ 1a mot acgumen cia z.
+ ¢=(0x,0M)
4.2 Nhén chia sé phiic dudi dang lugng gidc.
Né&uz=r(cosp+ising), z'=r'(cos¢'+ising")thi:
a) zz'=rr'fcos(d+d")+isin(dp+¢")]

z r ..
b) gl ;[COS((ﬁ —¢")+isin(¢p—¢")]
4.3 Cong thitc Moa-vro : ne N thi [r(cos¢ +ising)]" =" (cosng +isin ng)

4.4 Cdn bdc hai ciia so phiic dudi dang luong gidc :
Cin bac hai cta s6 phitc z =(cos¢ +ising) (r>0)1a : r(cos%+ isin%)

va —r(cos % +4sin %) = \/;[cos(% +7T)+1 sin(% +7)]



